This paper studies a class of high order delay partial differential equations. Employing high order delay differential inequalities, several oscillation criteria are established for such equations subject to two different boundary conditions. Two examples are also given.
Introduction
The oscillation theory of delay differential equations has been studied by numerous authors and the number of papers published in this area is enormous. For an excellent exposition of the basic theory, see [5] . In recent years, there has been an increasing interest in oscillation theory of delay partial differential equations, see [6] [7] [8] [9] [10] and references therein. However, the corresponding theory is still in its initial stage of development. In this paper, we shall investigate a class of high order delay partial differential equations which will be described in Section 2. In Section 3, we shall establish several oscillation criteria for high order delay partial differential equations subject to two kinds of boundary conditions, employing Green's theorem and high order delay differential inequalities. We then develop, in Section 4, some results on eventual positive and eventual negative solutions of high order differential inequalities, which enable us, in addition to their independent interests, to obtain in Section 5, further oscillation criteria for high order delay partial differential equations. To illustrate our results, two examples are also given.
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Prehminaries
We shall consider the following nonlinear high order delay partial differential equation ff-m[u + A(t)u(x, v) ] + p(x, t)u + q(x, t)f(u(x, t r)) = a(t)Au + E aj(t)Au(x, aj(t)), (x,t) 
Oscillation Criteria
In this section we shall establish oscillation criteria for problem (2.1) with boundary condition (B1) and (B2) separately. The basic idea of our approach is to reduce the study of high order delay partial differential equations to that of high order delay differential inequalities. 
Using Green's Theorem, we obtain (4.9)
Integrating both sides of (4.9) from t 2 to t(t > t2) we get
Since z (m-a)(t) > 0 for t _> t2, the above inequality leads to a contradiction in view of (4.6). This proves assertion (i).
Assertion (it) follows from the fact that if y(t) is an eventually negative solution of (4.2), then y(t) is an eventually positive solution of (4.1). 
t)_(t).z (t). z(T r)
then we obviously have (t) > 0 for all t >_ T.
Note that (t) is a montonically increasing functions and using (4.12) and (4.13), we obtain
'(t)z(m-1)(t) (t)z(m)(t) 9'(t) z(T r) + z(T (r) z(m 1)( ez(T r)Q(t)[1 A(t r)] < z(T T) )'(t) + (t) z(T )
t > T. 
'(t) <_ -[e(t)Q(t)(1 A(t r)) c'(t)], t >_ T.
Integrating both sides to the above inequality from T to t(t > T), we get
(t) <_ (T) / [e(s)Q(s)(1 A(s r)) c'(s)]ds,
T which is impossible in view of assumption (4.11). This proves assertion (i).
We can prove assertion (ii) and (iii) by the same arguments as in the proof of <_ Q(t)f(y(t r)) Q(t r)f(y(t 7-r)).
(4.17) Choose T >_ t 3 such that y(t-27"-(r) > O, t >_ T. Since Q(t)is periodic with period r, we get by (4.14), (4.16) and (4.17)" a(m)(t) + a(m)(t r) + Q(t)f(a(t r)) < Q(t)f(y(t a)) 2AQ(t v)f(y(t v a)) A2Q(t 2v)f(y(t 2" + Q(t)f(y(t a) + 2Ay(t r a) + A2y(t 2r a)) < Q(t)f(y(t ag)) 2AQ(t)f(y(t r r)) A2Q(t)f(y(t 2r a)) + Q(t)f(y(t )) 2AQ(t)f(y(t r r)) + A2Q(t)f(y(t 2r )) O, t >_ T. (m --1)(t-7") > 0 for t _> t 3. This proves assertion (i).
We can proves assertion (ii) and (iii) by the same arguments as in the proof of 
Set
We have z(t) y(t) + ;(t)y(t-r).
z(m)(t) <_ -Q(t)f(y(t-r)) <_ -cq (t) 
(4.31) In view of (4.22), by Lemma 4.2 we see that the inequality (4.31) has no eventually negative bounded solutions, which contradicts the fact that z(t)< 0 and z(t) is bounded. This proves assertion (i). We can prove assertion (ii) and (iii) by the same arguments as in the proof of Theorem 4.1. The proof is therefore complete.
Further Oscillation Criteria
In this section we shall establish some further oscillation criteria for the higher order delay hyperbolic boundary value problem (2.1) under (B1)and (2.1) under (B2) using the results obtained in the last two sections. Here, m-6;n-X;,g-1;gt-(0,');r-';a ;7(x,t)-1 for The hypotheses of Theorem 5.5 are satisfied and hence all solutions of the problem (5.9) and (5.10) are oscillatory in (0, r) x (0, / c).
